Dang 3: Gia tri lwgng gidc cia goc lwgng giac

Phuwong phap: Sir dung nhém cong thire lién hé giira cac gia tri lugng giac dé tinh toan
Chu y: Néu dé bai c6 gioi han mién ctia géc ¢ thi ta cin xem trén mién d6 cac ti sb lwong giac tuong
(g s& mang dau nhu thé nao, cy thé nhu sau:
7
M
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BI
L . Géc phan tu
Gia tri lwgng giac
| I i v
sina + + - -
COSx + — - +
tan o + — + -
Ccota + — + —
BAI TAP TU LUAN
Bai tap 1: Tinh cac gid trj luong gidc cua goc «, biét:
1 Vs . 2 Vd
a)cosa=—val<a<— b) sina=—va —<a<r
5 2 3 2
3 1 3
C) tanazx/gvé T<a<— ¢) Cota=——= va —<a<2r.
2 V22

Loi giai

s VN
a) Vi O<a<E nénsin a>0.

2
Miat khac, tir sina+cos’a =1 suy ra sina = 1-cos’a = "1—(%) = ¥
2\/6

Do do tana =% = 5 _7 vy cotazizizﬁ.
cose 1 tana 246 12
5

T A
b) Vi E<a<7r nén cosa <0.



Mit khac tir sin’a +cos’c =1 suy ra Cosa = —1-sin’a = —

2
Dodotang= ¥ _ 3 _ 2 _ 2B, L1
cosa 5 5 5 tang 245
3 5
c) Ta co: Cot05=izi=—5 Do 7r<a<3—7[ nén cos a <0.
tana 5 5 2
Métkhéctfrl+tan2a: 12 suy ra COSaz—\/ 12 =— 1 5
Ccos“a l+tan‘a 1+(\/§)

NG

cosa 6

in )
Ma ta c6 tana = % — sing = tana.cote = \/5(——} - N

d) Ta co: tana:i:i:_ﬁ,
cote 1

V2

L3
Vi 7<a<27r nén cosa > 0.

30

6

1 1 3
Mit khac tir 1+tan’a = ——— suyra COSa:\/ 5 = 5 =£.
CoS“a 1+tan‘a 1+(_\/5) 3
Ma ta ¢6 tana = % — sing = tana.cota = —/2. V3 :—ﬁ.
cosa 3 3
Bai tap 2: Tinh cac gid trj luong gidc cua goc «, biét:
a)sinazlvé—£<a<0 b) Cosa:—0,7v;?17r<a<3—”
3 2 2
C) tanoz:2v:§10<05<Z c)Cota=Zv:§17z<a<3—”.
2 3 2
Loi giai
, 2 - 1) 8 4 .
a)Tacod cos“a=1-sin“a=1- 3 :§.V1 —E<a<0 nén cosa >0.
1
22 i 3
Do d6 cosa = —— suyra tana=m=i=£ va COta——:Zx/E.
3 cosa 22 tan
3
1

b) Ta c6 sin“a =1-cos?a ::I_—(_O,Y)2 :% .Vi 7r<0£<37ﬂ- nén sina <0.

V51
. o1 i B
Do d6 SiIna = ——— suyra tanazsma: 10 =\/a
10 cosa 0,7 7




1 1 1

tana 2 cos’a

¢) Tacod cota = =l+tan’a =1+2°=5.

¥

1
Suy racosza:g.Vi 0<0¢<% nén cosa >0. Do d6 cosa = -

25

Suyra Sina =tana cos« =

2
d) Taco tana = L =§; ]; :1+cot2a:1+(Z] =§.
cota 7 sin“a 3 9
Suy ra sinza:g.Viﬂ<a<3—” nén sina <0. Do do sina:—@.
58 2 58
Suy ra COSa:COtaSina:Z- —3\/§ :—7\/@.
3 58 58

Bai tp 3: Hay thuc hién cac yéu cau trong mdi truong hop sau:
A xR o 297 Y .2 . L T
a) Biéu dién SIn 3 qua gia tri luong giac ctuia goc cd so do tur 0 dén Z;

b) Biéu dién tan 973° qua gié tri lugng giac cta goc cb sb do tir 0° dén 45°.

Loi giai

. 297 . (297 . (57 . ([ 2rx . 2T
a) sin| ——— |=—-sin| — |=-=sin| — +8x |=-sin| —+ 7 |=SIh—
3 3 3 3 3

b) tan973° = tan(73°+5.180°) = tan 73° = tan(90° —17°) = cot17°.

Bai tap 4: Tinh cac gia tri luong giac ciia moi goc sau:

a)%+k27z(keD) b)%+kﬂ(keu)
Loi giai

NG

a) sin z+k27z =sin£=—;cos Z+k27z =CO0S
3 3 2 3

wly
N| -

tan[£+k2ﬂj:tan1:\/§;cot(£+ k2ﬂj:cot1=i.
3 3 3 3 3

b) tan (%+kﬂ'] khong xac dinh; Cot(%+kﬂ'j200t%=0.
Véi k:2|(| E[I):

sin Z+k7z =sin Z+I27z :sinle;cos Z+k7z =C0S z+I27z :coszzo;
2 2 2 2 2 2



Voi k=21+1(lel):
sin| Z+kz |=sin| Z+z+127 :sins—”:—l;cos Z vk |=cos| Z+z+127 :coss—ﬂzo
2 2 2 2 2 2

Bai tip 5: Bang cach st dung gia tri lvong giac cla cac goc lién quan dic biét, hay tinh:

-1 .1
a) CoS o7 b) cot(-675°) c) sin Tlﬂ
Loi giai
-157 157 3 3z 3z T 2
a) cos = C0S =CcoS| 37+ — |=—C0S— =CO0S| T—— |=C0S— = —.
4 4 4 4 4 4 2

b) cot(—675")=cot(45 —720") =cot45 =1,

.11z . 2 .21 . 2 :
¢) sin—=sin| 37+— |=—-Ssin—=-sin| 7—— |=—-SiN—=——.
3 3 3 3

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Cau 1: Trong cac h¢ thirc sau day, hé thirc nao dung?

A. sinx® +cosx* =1 B. sinx+cosx=1
C. sin2x+cos2x=1. D. sin®x+cosx? =1.
Loi giai

Theo cong thirc: sin x* +cosx* =1.

Cau 2: Tim khéng dinh sai? (v6i diéu kién cac hé thire dd xac dinh)

A tan(z+a)=tana. B. cos(%+aj:sina.
C. cot(—a)=—cota. D. sin(z—a)=sina.
Loi giai

Khang dinh COS(% + aj =sina la sai.

5 .
Cau3: Cho goc o thdaman 27 <a < 7ﬂ Khang dinh nao sau day sai?
A. tana <0. B. cota >0. C. sina>0. D. cosa >0.
Loi giai

. 5 , .
Vi 27z<a<7ﬂ taco sina >0, cosa >0, tana >0, cota >0.

Caud: Cho % <a <. Két qua dung 1a

A. sina >0, cosa >0. B. sina <0, cosa <O0.
C.sina >0, cosa <0. D. sina <0, cosa >0.
Loi giai



Cau 5:

Cau 6:

Cau 8:

Cau 9:

~ T ~ N . A ’ A H
Vi E<o¢<7znen o nam trong goc phan tu thir 2 nén sing > 0,cosa <0.

5 . .
Cho 2r<a < ?ﬁ Khang dinh nao sau day dang?

A. tana > 0; cota > 0. B. tana <0; cota <O0.
C. tana > 0; cota <0. D. tana <0; cota > 0.
Loi giai

. S5 2 £ o, N ) tana >0
Ta cé 27 < @ < — = di€m cudi cung o — 7 thudc goc phan tu tha | = .
2 cota >0

Cho O<a < % Khéng dinh nao sau day ding?

A. sin(a—7z)=0. B. sin(a—7)<0.
C. sin(a—7)<0. D. sin(a—7)<0.
Loi gidi

, r T
Tacot O<a<—=>-r<a-n<-—

2 2
Diém cudi cung 7 thudc géc phén tu thir 11l = sin(a—7)<0.

Cho O<a< % Khiang dinh nao sau ddy dung?

A. Cot(a+%j > 0. B. Cot(a+%]20.
C. tan(a+7r)<0. D. tan(a+7r)>0.
Loi giai

T T T w
O<a<x——>—<ag+—<rm=cotja+—|<0
, 2 2
Ta co

O<a<%—>7z<a+7r<3?ﬁ:>tan(a+7z)>0

Cho % <a <. Gid tri lugng gidc nao sau day luén duong?

A. sin(7+a). B. cot(%—aj. C. cos(-a). D. tan(7 +a).
Loi giai

sin(7+a)=-sing; cot(% - aj =sina; cos(—a)=cosa; tan(z+a)=tana.

sinag >0

T
Do E<a<ﬂ:> cosa <0
tana <0

3 ,
Cho 7<a< ?ﬂ Khang dinh nao sau day dung?

A. tan(%[—a)<0. B. tan(%”—a)>0.



C. tan(?’?ﬂ—ajﬁo. D. tan(%—ajZO.

. [37[ j
sin| ——a |>0
, 3r 3z Vid 2 3r
Ta co 72'<a<7—>0<7—a<—:> = tan 7—65 > 0.

2
cos(%ﬁ—aj >0

Cau10: Cho O<a < % Ménh d? nao sau ddy sai?

A. sin(a+7)<0. B. cos(a+7)>0
C. tan(z—a)>0. D. cot(z—ea)<0.
Loi gidi

Ta co: tan(z —a)=—tana <0V« e(o;%]

7
Cau 11: Cho Tﬁ < a <2 . Xét cau nao sau day dung?

A. cosa >0. B. sina >0. C. tana >0. D. cota >0.
Loi giai

7 3 . )
Ta co: Tﬂ<a 2T & 7”+%< a <27 nén a thugc cung phan tu tha 1V.

Cau12: Cho O<a< % Khiang dinh nao sau ddy ding?

A. tana > 0,cota > 0. B. tana > 0,cota < 0.
C. tana <0,cota < 0. D. tana <0,cotea > 0.
Loi giai

Diém biéu dién cung luong giac « nam goc phan tu thir nhat nén tana > 0,cot e > 0.

Cau 13: Cho biét tan« =% . Tinh cota

A. cota=2. B. cota=%. C. cota=%. D. cotar =+/2.
Loi giai
. 1 1
Taco: tana.cotd=1=>cota =——=—=2.
tana 1
2
Cau 14: Tim khang dinh sai trong cac khang dinh sau day?
A. tan45° <tan60°. B. cos45° <sin45°.
C. sin60° <sin80°. D. c0s35° > cos10°.
Loi giai

Khi o €(0°;90°) ham cose la ham giam nén cos35° < cos10°suy ra D sai.

Cau 15: Trong cac dang thirc sau, dang thirc nao dung?



Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

A. cosl50°=ﬁ. B. cot150°=+/3. C. tan150°:—i. D. sin150°:—£.
2 3 2
Loi giai
Khing dinh dang 1a: tan150° = _L
Gié trj clia tan% a
3 3
A-%- B. —%. C. 3. D. /3.
Loi giai
A 1
L =
Trén nira duong tron don vi sao cho xOM =7 khido M —3;— nén tan£=L=—3.
6 22 6 3 3
2
. 3(x e M
Cho Sina :E(E< a < ﬂj. gia tri cia CcoSa bang
A. COSaz—ﬂ. B. COSOt:ﬂ. C. COSO{ZE. D. COSaz—g.
5 5 5 5
Loi giai
(oo ) ) . 9 16
Taco: sin“a+cosa=1=cos"a=1-sin“a=1-—=—.
25 25
Ma Z<a<7r:>COSa:—ﬂ.
2 5
Hay chon két qua sai trong cac két qua sau day:
A. cos(—a)=cosa . B.sin(z+a)=sina.
C. tan(z—a)=—tana. D. cot(%—ajztana.
Loi giai
Taco sin(z+a)=-sina.
Don gian biéu thirc A= Cos(a — %j , ta duoc:
A. cosa. B. sina. C. —coscx. D. —sinax.
Loi giai
Ta co: A:cos(a—zj :cos(z—aj =sina.
2 2
Gia tri cua biéu thirc S =3—sin®90° + 2cos® 60° —3tan® 45° béang
A.l. B. —l. C.1. D.3
2 - 2

Léi gidi



2
Tacod S =3-sin?90°+ 2cos? 60° — 3tan?45° = 3—1° +2.Gj ~3.1% = —%.

Cau 21: Cho a 1a s6 thuc bit ky. Chon khing dinh ding trong cac khing dinh sau:

A. sina+cosa=1. B. sin*a+cos’a=1.
C.sin*a+cos'a=1. D. sina+cos’a=1.
Loi giai

Taco: sin“a+cos’a=1; Vaell nénD ding.

3 ,
Ciu22: Cho 7<a< 7” Ménh d& nao sau dy dang?

A. sin(z+a)<0. B. sin(z-a)<0.
C. cos(7r—a)<0. D. cos(z+a)<0.
Loi gidi

Taco 7z<0¢<37ﬂ:>27r<a+7z<5?ﬂz>sin(7z+a)>0;cos(7r+a)>0

7z<a<377T:>—%<7r—a<O:>sin(7z—a)<0;cos(7r—a)>0.

Cau 23: Cho sina =g, (90° < <180°). Tinh cose.
A. c05a=—ﬂ. B. c05a=—§. C. COSO{=§. D. cosa =—.
) ) 3

Loi giai

Ta co: sin205+coszoz:1<:>coszoc:1—sin20¢=235 :>c05a:4_rg.
s ANO 0 _a 3
Vi 90" < <180° nén cosa:—g.

Ciu 24: Cho sina =g vGi %<0{<7Z'. Tinh cosa ?

A. E B.

5

c -3 D.
5

Ul w
o S

Loi giai
Ta cé: cosa = —g

Cau 25: Céc dang thirc nao sau diy dong thoi xay ra?

A. sinazﬁ;cowzﬁ. B. sina:Q;COSazﬁ.
3 3 5 5

C. sina:ﬂ;cow:_—. D. sinazﬁ;cowzl.

- 5 5 4 4

Loi giai:
Ap dung cong thic sin® a + cos’a =1.

3 ,
Cau 26: Cho goc o thoa cota = 2 va 0° < a <90°. Khang dinh nao sau diy ding?



PHAN II.
sai.

Cau 1:

A. cosa =—. B. sina:ﬂ. C. sina:—f. D. cosa:—i.
5 5 5
Loi giai
{ A ’ 2 9 .2 1
Ap dung cong thic: 1+cot*a = —— <Sl+ —=——— Ssin“a=—
sin“« 16 sin“«a
i . 4
Do 0°<a<90°=sina>0=sina CE
Cau trac nghiém dung sai. Trong méi y a), b), c), d) & méi cau, thi sinh chon ding hoac
Tinh dugc cac gia tri luong giac cia goc o = % +k2z (k el ) Xét tinh ding sai cta cac khiang
dinh sau:
a) sina = —ﬁ
2
b) cosa = =
2
c) tana = V3
d) cota = —ﬁ
3
Loi giai
a) Sai: sin(z + k27rj —sinZ = ﬁ
3 3 2
. T r 1
b) Sai: COS(— + k27zj =C0S—=—
3 3 2
¢) Pang: tan (% + k27zj - tan% -3
) /4 V4 3
d) Sai: Cot(— + k27z'j =Cot—=—
3 3 3
Tinh dugc céc gia tri luong gidc cua goc o = —% + (2k + l)7r (biét k €[] ). Xét tinh dung sai ciia
cac khang dinh sau:
. 2
a) Sina = £
b) cosa = N2
2
c) tanax=-1
d) cotax=-1

Loi giai



Cau 3:

Cau 4:

a) Dlng: sin{—% +(2k +1)7z} = sin[—— + 2k + ﬁ)

I

(£

5

|

I

+

3
N—

I

|

@,

>
/T\
AN
N—

I

®,

>

[N

I

I

NI

cos{—z +(2k +1)7z} = cos(—Z + 2k + 72') = cos(—z + 7[} = —cos(—zj =—cosZ=-Y%
4 4 4 4

¢) Sai: tan —%+(2k +) 7z :tan(_%j

d) Sai: cot —%+(2k +)7z :cot(_%j

Cho 0° < a <90°. Xét duoc dau cua cac
a) A=sin(a+90°)>0

b) B=cos(a—45°)>0
¢) C=tan(270°-a)<0

d) D=cos(2a+90°)>0

J2
4 2
=—tanZ=-1
4
——cotZ=21
4

biéu thirc sau. Xét tinh dung sai cta cac khang dinh sau

Loi giai

a) Ding: Ta cé: 0" < <90" = 90" < +90" <180" =sin(a+90') >0

b) Dling: Ta c6: 0" < <90 = 45 <r—45 <45 = cos(a —45)>0

¢) Sai: Ta c6: 0" < <90" = —90" <—a <0 = 270" +(—90") < 270" + (-a) < 270" +0’

—=180° < 270° — ¢ < 270° = tan (270° — a) >0

d) Sai: Ta ¢6: 0° <& <90° = 90° < 2 +90° < 270° = cos(2a + 270°) <0

Tinh dugc cac gia tri lugng gidc con lai

dung sai ciia cac khang dinh sau:
a) cosx>0

b) cosx = 4
5
c) tanx =

d) cotx =

wlhr Mlw

N 3 . 3 o
cua goc X, biét: SlnX:—g Vo1 7 < X<7. Xét tinh

Loi giai



Cau 5:

Cau 6:

: 3
a) Sai: Do 7r<x<7 nén cosx <0

b) Pung: Ta co: sin2x+coszx:l:>coszx:l—sin2x=1—2%:;—655:><:osx:—i
c¢) bung: tanx:ﬂ=§

cosx 4
d) bung: COtX=CF)ﬂzi

sinx 3

Tinh dugc cac gia tri luong gidc con lai ciia gbe X, biét: COSX = 2 voi 0<x < 7 Xét tinh ding

sai ctia cac khang dinh sau:
a) sinx<0

J15

b) sinx=——
C) tanx=\/1_5
d) cotx=—i

J15
Loi giai
, T .
a) Sai: Do O<X<E nén sinx >0

J15

b) Sai: Ta co: sin2x+0052x:1:>sin2x=1—coszx=l—i:E:>sinx:T

16
sin x
¢) bung: tanx=——=+/15
COS X

1
d) Sai: cotx:@z—

sinx /15

Cho O<a< % Xét duoc diu cua cac biéu thirc sau. Khi do:
a) A=cos(a+7)<0

b) B=tan(e — ) >0
c) C:sin(a+2§j<0
d) chos(a—%ﬁ]<0
Loi giai

a) Plng: Vi O<a<%:>7z<a+7r<37ﬂ:>cos(a+7r)<0



b) Dung: Vi O<a<%:>—7z<a—7r<—%:>tan(a—7z)>0
¢) Sai: Vi O<a<£:>2—”<a+2—ﬂ<9—ﬂ:>sin(a+2—”]>0
2 5 5 10 5

d) Sai: Vi O<a<£:>—3—ﬁ<a—3—ﬂ<£:cos(a—3—”]>0
2 8 8 8 8

Cau 7: Tinh dugc cac gia tri lugng giac con lai cia goc x biét: COSX = 3 v61 180° < x < 270°. Xét

tinh dung sai cta cac khang dinh sau:

a) sinx<0

b) tanx:E
5

c) cotx:i
12

d) sinx—cosx=—E
13

Loi giai
a) Ping: Do 180" < x < 270" = sinx <0
b) Pung: Ta co: sinzx+coszx=1:>sin2x=1—coszx:1—£=%
169 169
. 12 sinx 12
=SINX=——;tanX=——=—
1 cosx 5
c) bung: cotx:@ﬂzi
sinx 12

d) Sai: sinx—cosx = —1
13
PHAN Ill. Cau tric nghiém tra 1&i ngan

Cau 1l: Cho gbc luong giac a = % +k27z. Tim k dé 107 < a <11r.
Loi giai

Ta co 1O7r<a<117r—>197ﬁ<k27z<%—>k=5.

Cau 2: Tinh gia tri cia COS{% +(2k +1)7r}.
Loi giai

Ta co COS Z+(2k+1)7z —cos| Z+r+k2r |=cos| Z+ 7 :—coszz—l.
3 3 3 3 2



Cho cosa =%. Khi do Sin(a —377[} bang

Loi giai
. 3z . V4 . V4 1
Tacod Sinfa—— |=sin| a+——-27 |=sin| ¢ +— |=COSx = —.
2 2 2 3
s . V4 . 137 . V20 , \
Biét rang sIn X—E +sm7=sm X+E thi gid tri dung cta cosx la
Loi giai

Ta c6 Sin| Xx——= |=-sin| ——X |=—C0SX va Sin| X+ — | =COSX.
( 2] (2 j ( ZJ
. .1 . .
Két hop voi gid tri sin o = sin| Z + 67 | =sinZ 1.
2 2 2
. V4 . 137 . V4 1
Suy ra sin X—E +sm7:sm x+§ <:>—cosx+1:cosx<:>cosx:§.

. 12
Cho géc o thdéa man Sina = ) va %< a <. Tinh cosc.

Loi giai
cosa = +\1-sin‘a = ii
, 5
Ta co ——C0Sa =——~—-0,38
V4 13
—<a<rx
2
. N 5 3T _,
Cho géc « théa man cosa = 3 varm<a <7 . Tinh tana.
Loi giai
sina = +y/1-cos? & =J_rE .
] 3 . Sina 2
Ta co —>Sihg=————>tana=——=—=~0,89
37 3 cosa 5
T<a<—
2
Cho goc o théa man tana = —g va 20]2'77[ <a< 20197 . Tinh sine.
Loi giai
2
1+tan’a = 12 1+(—ij = 12
Ta c6 cos“a 3 Ccos“
2017 2019~ P 3
<a< —+504.27 <a <—+504.27
2 2 2 2
3 . sina 4 sina . 4
——C0Sa=——_ Matang=—— ——= —>SINa =—.
5 cosa 3 5

3
5



Cau 8:

Cau 9:

Cau 10:

12
Cho géc o théa man cosa = 3 va %< a < z. Tinh tana.
Loi giai

] 5
sing =+y1-cos’a = +— )
Sinax 5

. 5
Ta co —SiNgg =———tanag=——=——=~-0,42.
T 13 CoS« 12
—<a<r.

Do dai ctia ngay tir laic Mat Troi moc dén lic Mat Troi 1in & mot thanh phd X trong ngay thir t

; - , .| 2 .
cta ndm dugc tinh xap xi boi cong thire d () =4sin {3—;5 (t —80)} +12(teZ val<t<365).
Thanh phd X vao ngay 31 thang 1 ¢6 bao nhiéu gid c6 Mat Troi chiéu sang? Lam tron két qua
dén hang
phan muoi.

Loi giai

Ta co: d(31)=9,01 gid.
Thanh OM quay ngugc chiéu kim ddng hd quanh gdc O ciia né trén mot mit phing thang dimng
va in bong vudng goc xudng mat dat nhu hinh bén. Vi tri ban dau cua thanh 1a OA. Hoi d6 dai

bong O'M cua OM khi thanh quay dugc % vong 1a bao nhiéu, biét 6 daithanh OM 14 10 cm

? Két qua 1am tron dén hang phan mudi.

] e

M O
Loi giai
12
Taco o= 20 27 =297 Suy ra O'M’ =|OMcosa| ={10cos 120z} 7,5cm
13 13 13

HET-




